Introduction and main results
Consider a subordinator a = (Qt, t > 0), that is a is a right-continuous increasing process with stationary independent increments and ao = 0. Denote its Laplace exponent by ~, ' E(exp = exp -t~h(~) (~~ l ~ 0) and its inverse by S, s~ = sup ~~5: ~y -t} (t >-0) . . Fristedt and Pruitt [6] proved the following law of the iterated logarithm for S. Introduce the inverse function 03C6 of 03A6 and put (~(0,l/e)U(~)). °T he mapping x -~ lc(x) increases both in the neighborhood of 0+ and of oo, and we denote its inverse by f. Then there exist two constants Co, Coo E [1, 2] [6, 7] and the observation that it is more fruitfull to work with the explicit functions Proof: First, we observe that since + increases Recall that the function g is defined in (4). Lemma 
.
So, all that ive need is check that for every c > 0, there exists y > 1 and 6 e (0, y -1 )
such that
for all x small enough (respectively) large enough). In this direction, we observe first ) ,~ 
for all j-small enough (respectively, large enough). But . ' and hence (6) (9) is a strictly stronger requirement than (8) .
Applying this to the case when X is a recurrent symmetric Levy process having local time L for which (8) holds, we obtain the first part of Theorem 1.2 of Marcus and Rosen [9] . The second part, that is the law of the iterated logarithm for the difference L -L", where La is the local time at level 0, follows from the argument of section 4.2 in [1] . We point out that the result holds under the weaker assumption that the truncated Green function is slowly varying (this was conjectured by Marcus and Rosen) and that the symmetry condition can be dropped (actually, there are also some technical conditions in [9] which are now seen as unnecessary). This reasoning also allows us to recover tlie law of the iterated logarithm for the local time process at level 1 for the two-dimensional Bessel process (see Meyre and Werner [10] Proo f of Proposition ~, The first assertion follows immediately from Fourier inversion, and more precisely, since the density must be real, p t ( 0 , 0 ) = 1 0 3 C 0 0 e x p { -t R 0 3 C 8 ( 0 3 B B ) } cos {t03C8(03BB)} d03BB.
(10) [4] . This proves our assertions..
